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1pPH9 GwL O>7VPY OXININ

D aANIN-NM 02NN

Y0
R >wnnn NTWN S0 1 Tmonn 0»wnnn DMOPNI Y3 SYHOIMOPNN 2N - R

R OWNNN NTYUN 5¥0 N ATON RPN MYIVNN 9 DY >NOVPNN AN N - M, [R]
-R DTUN S¥0 -5 MY N MLP NYYNN DIMPDIAN YD DY Y NOVPNN ANINDN - P, [R]

.R n7wn Yyn (f:R— R) nywonn npIpnan 95 5¢ >NopNn annn - F[R]

MmNy

: R* 5w apmn-nn W oxNIPTa 7-1 mYrwa
W ={(a,b,c)]a+b+c=0} (1

W ={(a,b,c)|]a=c} (2
W ={(a,b,c)|a=3b} (3
W ={(a,b,c)|]a<b<c} (4

W ={(a,b,c)|a=c’} (5

W ={(a,b,c)|[c-b=b-a} (6
JPNIAVN MITO DN C-1 b ,a oD

W ={(a,b,c)|b=a-q,c=a-q’} (7
IPONHN NITO NN ¢ b L, a 9D
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: M, [R] ¥ 3nn-nn W ONNIPTR 15-8 MYNWI

W ={A| A= AT} ;919195 .APIVXION MPIVNN P I W (8

. B DN n¥LVNn DY Y951 MAYNNNT MXIVNN YN A W (9
W ={A| AB = BA} ,91195

LDAN N9V NLIPPIVTIY MEIVNRA Y9N 25 W (10
W ={A||A]=0} ,7mH>

W ={A| A% = A} ,7995 30DV 11279 MY MNI0VND Yo 257 W (11

NPHY MUNIWN 1N MNI0NN DN 0N W (12

JDON NIN B 1011 NY¥IVNA JNYI9NY MNIVNI Y91 10m W (13
W ={A| AB=0} ,7m9

W ={A]|tr(A) =0} ,79195 .09X 1OV NIAPYNIY MINIVNN DN 1O W (14

LDAN NI NNV DI DIDD )NV MXIVNN DIN 25 W (15

: P,[R] YW an mn-nn xn W OxNIPT 21-16 MONRWI

W ={p(x)| p(4) =0} ,799195 .wNVI 4>0y2 DM Y9N 109 W (16
DOV DINTPN MY DM DN DN W (17

4> NOYN YHYA DINMIPDON YO O W (18
W ={p(x)| deg(p) <4} ,7D>

X DY 7252 NN MPIN MDY DN YN 2O W (19

LA<N<T7 AUND N NOYNRN DM KON 25 W (20

W ={p(x)| p(0) =1} (21
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: F[R] Yw an mn-nn xn W oxN P71 30-22 MoNwA

VNN NPIPNON DN DM W (22
W ={f(X)| f(=x)=f(x)} >vmm X 995 9>

IONN NPXPNON YN 215 W (23
W ={f(x)| [f(X)|[<M}owon x 935 ,mH>

PN NPIPNON DN O W (24
PN NVSPNON YN M W (25

VAP NYSPNON DD A0 W (26

1
([0,1] -2 P52 MOPR f-w M) W = { f(x) |j f (x)dx = 4} (27
0

AX 999 v f-umn) W ={f(x)| f'(x)=0} (28

Ax 999w f-wmn) W ={f(x)| f'(x)=1} (29

W ={f(x)| f(x)=f(x+1)} (30

:C*owan M-I NN W ={(2,,2,,2,) 12, = 7,2, = 2, + Z,} DN PTA(31

R O>wnnn nTevn byn N
.C oo mnn nTvbyn .a

0 0 0 1 1
0 0 0 -1 3
A=|0 0 0 1 -1|n%90nnm (32
1 11 -1 -1
1 3 -1 1 1

JON9 PR AX=Db NNV 70 ,b MOPY NI N
MINS PR AX=Db NOwWNLHY 75 ,b ©NVPNN DO NP HOIIN A

?7R® S5 aNIN-NN INNN 72 PYON NXIAPN ONN )
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GUUL

DYNOPY DXINN

.F DTV 5Y1 ,4-0 Y IR NIVP NYYNHN DMIPN9N NIV 11 (33
W ={peV|p(0)=p@d)=p2) =k} N¥apnMay ,k 5y NN NN .N

2V Svan n-nn n»n
W AN DWNMAY LV -0 D0 DY N NNIAP INSD .2

ST MRNVA NN HY MNINN ININIY TN DD XYNN HY DTIP 112Y N3 PYO PN : 1IYD

NO

NO

AR

NO

AR

AR

(s

(10

(15

(20

(25

(30

NO

AR

AR

AR

AR

ND

¢

(9

(14

(19

(24

(29

AR

AR)

2

2

AR)

2

(3

(8

(13

(18

(23

(28

B={(b.b,,b;,b,, )| b, +b, +2b, 0} .2

W =span{2x—3x2 +x3,6X—7x? +x4} il

PID MAIVN

b (2 b
ND (7 >
Py (12 NO
N (17 b
v (22 ND
N (27 b
N>.a O PN
u=(10,0,0,0) .N
N2 )

k=0 .X

(1

(6

(11

(16

(21

(26

(31
(32

(33
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119 GWL D¥NVPY DN

NNMN? M2N NINN2 neMa , ONIND? Dxainy

MHNY

: DYNAN DNLPNN DN 7-1 MONRVA
u, =(4115), u,=(0,11,-5,3), u,=(2,-5,31), u,=(@13,-12)

TU, DY OINDD PPN NI U, OND N (1
1Sp{u,}-> 7”v u, ONN .2
ITINOY YN {uy,U,} NP DR L)

TU,-) U DV OIRDD PPN NIN U, ORI N (2
1Sp{u,,u,}-Y TPV u, ONN .2
IMNOPY TMON {Uy,U,, Uy} NP DR )
LDMINRN DNVPNN HY MIRDY YPXI NP NVPY DD MW 191 NN

TU,-) U DY OIRDD PPN NN U, OND N (3
1Sp{u,,u,}-Y TV u, ONN .2
TN YN {U,U,, U, } NXIAPD ORD LD
LDYINRD DNLPNN DY MINDD GI1TI8D NXIAPA NVPY DI MY ,)0) NTNA

v=(4,12,k,—2k) 1) (4
V NOPNNIY MN DY LK DYDY NPND TIN N LN
TU,-) U, DY OINDD PPN
V NOPNNY TN DY LKk DYDY nvnd AN n .a
1Sp{u,, u,}-2 Y O
{uy,u,, v} NRIAPNY TN Y,k DY 1D NN TN NN
ITPINIOY DN NN

.v=(a,b,c,d) ym (5
vV MOPINY N LY, a,b,c,d DY DOXNINN NN LN
TU,-) U, DY OINDD PPN
1Sp{u,, U, }-2 7OV PPV MOPNNY N DY, a,b,c,d Dy DONINN NN .2
{u,u,, v} NIAPNY TN YY , a,b,c,d HY DININD N )
I1PINY MON MM
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1pPH9 GWL O>7VPY OXININ

JUgmY Uy Uy DV OINDD 9PN v=(10,8,0,14) MOPNN NN IWIAN (6
INNY MYYD 112 DN NNO2

AUg=Y Uy Uy Uy DYOIRDD NPND v=(7,10,-2,11) NOPNN IR WIAN (7
NN MYYD N2 ONNN NN

: TINAN MNILVHN NN (8

4 1 0 11 2 -5 1 3
A= , B= ,C= , D=
15 -5 3 3 1 -1 2
-M,[R] S¥n 1IN NYION MNIVNN OXNIPTL N

YINDD NPND MNIVNNN NNNX DI MY, MNYN MIIVNM NN .2
.MINVNN IN DY

1Sp{B,C} -9 n>»w¥ A N¥MLNN DNN )

P (X) =4+ x+X°+5x°, p,(x) =11x—5x" +3x° ,
. , s , .y 1DONIN DI DN (9
P,(X) =2-5x+3x"+ X, P,(X) =1+3x— X"+ 2x
B[R] 5¥1n 1INo»Y 05N DMIDION DN IPTL N

YINDD NP DI DI INYI,NINIDY DMDN DN NN .2
.DININAN INY DV

1Sp{p, Py} -Y POV p, DIPION DN )

S TPANOYY DMYN DINAN OMNVPNN, a,b,c HY DY NN N2y (10
{(c,2,4),(2.4,a,2),(c,b,6),(b,2,a)}

VIFI-2 o009 791 N5 {U,V, W) DMOPNNI NP ¥ M 13-11 MONWA
,INOPD MDA NINAN MNIIAPN OND IPTA

: DMINKD DM NOPNN YV PN NVPY 9 YA 191 NN
{u —V,U—W,uU +v-2w} (11

{U+2v+3w,4u+5v+6w,7u+8v+9w} (12

{u+v,v+w,w} (13
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119 ch)t D¥NVPY DN

A@i,i-1),(+1i-1,-2)} 00PN oM IPTL 15-14 MONWVA
: C¥-2 7OINYY DN
.C 5y (14

R Syn (15

.Q NTYN DY OOMLVPYANINO V =R -2 )an) (16
.Q 9¥N VP AN KINWI , R -1 97N NN {1, J2, J§} ANIAPN %3 N

CALVA LA, TIIITINYY NX0Nn A ONN (17
: ININ NIYON NN NN
bespan{A,A,,.., A} DN PN OX NN W Ax=b N3IYN>

: R* 5w mx1ap-nn 31905 (18
U= Span{(l, 2,2,1),(1,1,-1, —1),(0,0,1,1)}
W =span{(1,1,0,0),(12,1,0),(L3,3,1)}
V =span{(2,3,1,0),(121,0),(14,31)}

U =W OND .N
U=V OND 2
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1pPH9 GWL O>7VPY OXININ

NOYD Mvn

ND D N> O NDON (1
.U =2u;+U,, U,=U,—2u,,)9.) Ja PN (2
.U, =4u,—u,, u,=4u,—-u, )9 . )2 PN (3

k=—4 >+2+N (4
a=5t+3s, b=4t-13s, c=7s, d=7t (5
NOPN, v=2u,+u,+U, (6

7 3
POPN ’V:Zul +Zu2 (7

A=B+2C .. MON MPIVNN N (8
A=B+2C, B=A-2C, C=05A-0.5B8, D=0.25A+0.25B .2
p,=4p,—p, ) .0MON DM N (9

p,=p,+2p;, P, =P —2pP;, P;=0.5p -0.5p,, p,=0.25p, +0.25p, .2
.a, b, ¢ DY 7Iv 955 (10
X=2y—2, y=0.5x+0.5z, z=2y—Xx :D»PNM ,MIND OMON O>NOVPNN (11
X=2y—-2, y=0.5x+0.5z, z=2y—X : D»PNM ,MIND OMON OINOVPNN (12
JIND ©MON NS (13
.0M>on (14
JIND ©MON INDA (15
N2 NONY (16
N2 NONVY (17
2ND .2 30 N (18
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1pPH9 GW‘ O>7VPY OXININ

nxMLN 2Y NaT,TNM o2

MHNY

: R*-5 002 10 miNan myapn oxpTa (1
{@,0,1), (0,0,1)} .N
{1L12), (1,2,3), (3,3,4), (2,21} .2
{@,2,3), (4,5,6), (7.8,9} .

: M, ,[R]-2 ©02 )N MNIN MNIAPN OXIPTL (2
1 2\ (5 6)(9 1
, , N
s 969G 3)
1 2)(5 6)(9 1\(5 6)(5 16 .
3 4)\7 8)\2 3)\7 2)\7 8 i
1 1)(0 1)(0 0)(0 O
1 1)'(1 1)1 1)10 1
: P,(R) -5 ©>02 )0 MNXAN MNP ORIPTL (3
{1+x, X*+2x+3} .N

{L+X, X2 +2X+3,2x+4x*, x—x’} 2
{1+2x+3%x%, 4+5x+6x*,7+8x+10x°} .

T={(273),(4,56), (7,8,9),(2,3,4)} : R®*-3 0>n0opm nHap nnm (4
'R:-5 002 T OND N
,DYN0PY YV Y0P NP NNV, T NP INYD .2
T -2 7o9N0»Y bn dnba

.R*5v 9025 T' NN MYYN )
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1pPH9 GWL O>7VPY OXININ

DANIN MRNYN NIIYN DY MNIND ANINIY 1919 D02 NN

NP MNRNWN DV MWD 3 P> (5

X—y+z+w=0 X+y—-z+2w=0
X—y+z+w=0
3 Xx+2z2-w=0 2 {3X—y+7z+4w=0 1
2X—-2y+2z+2w=0
X+y+3z-3w=0 —-5x +3y-152-6w=0

1INV NIV 7Y WIAINN ANIND IR W -1 190D)
2 MINNYND NIIYN 7Y YINNN ANINN DX U -1 1003

3 MINXNIVNN NOWN 7Y WINN ANIND DXV -1 190)
VU W=D 7010 9Y02 INND

.U={(ab,cd)eR‘|a=cb=d} nm (6
.U =D 1010y D02 INSND

.U ={(@ab,c,d)eR*[c=a+b,d=b+c} nm (7
.U =D 10m) 902 INSND

U ={veR*|v-(1-11-1)=0} M (8
U -5 701 9702 INSD

U ={AcM,,[R]|A=AT} ym (9
.U -5 100 902 INNND

U AM[R]Al_l 00 ™ (10
. = (S . =
2x2 l 1 0 o ]
.U -5 10 902 INND

U :{p(x)e RIR]| p(1)=0} P (11
.U -5 190 902 INNN
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AN -NND 19 DIV NNIYN

: R* apmnn Yv ©an n onn »w Hond (12
U =span{(1,1-1,2), (3-1,7,4), (-5,3,-15,-6)}
V =span{(1,-111), (1,0,2,-1), (11,3,-3), (51,5,8)}

U -9 MNNWm 100,070 INYD N
V9 MINNWUM TR D0 INSD .2

: M, ,[R] 2NN S¥ ann-nn oo (13

o-mml( (4 )

.U -5 7011 0202 INSND

: B[R] 2070 5w ann-nn ond (14
U =span{l+x—x* +2x%,4+x=x* +x%, 2= x+Xx* -3x’

.U -5 1010 D02 INND

NNYI0N NHIT ,NYI0N HY NANY AN NNY AN91IY 1917 D102 NNIYN

,INVNN DY NTIIYD AN NNYN ANINY THN) DIDL INNND 16-15 NONYI
: (rank) NXMIVNN TNIT NN VO

4 1 15
0 11 5 3
(15
2 5 31
1 3 -1 2

=
N
-
w
(6]

(16
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1pPH9 GWL O>7VPY OXININ

NOYD Mvn

ND D ND .2 NOUN (1
30D .ND .2 NI N (2
30D .ND .2 NI .N (3
T'={(12.3),(4556),(0,01)} 2  T'={(123),(456)} a2 NI N (4

27100, {(-15,251,0),(-15,-05,0,1)} :001-W .X (5
2:71m ,{(-2,-11,0),(1,2,0,1)} :»v2- U
37101 ,{(-1,0,0,1),(-1,0,1,0),(1,1,0,0)} : 02 -V

2:7101,{(0,1,0,1),(10,10)} : 02 (6

2.0 ,{(-110,1),(2,-110)} : 002 (7

3:71m,{(1,0,0,1), ( -1,0,1,0),(110,0

0 0
SN, 01

O‘m)ﬁ{

;001 (8

: 002 (10

)j
)}
} ;001 (9
}

3 :‘mn,{(pl(x):—1+x3, P, (X)=-1+x% py(x ):—1+x ;002 (11
2:700,{(11-1,2),(0,-4,10,-2)} : D2 .X (12
3:700,{(1-111),(0,-1,1,-2),(0,0,-2,5)} : 001 .2

1 1)(0 -3
.2:7)3)3,{( 1 2}[3 7]}:v>m(13

271N ,{1+ X—X*+2x%,—3x+3x° —7x3} : 002 (14
2:710,{(4115),(0,11,-5,3)} : ©02 : MW NN (15

4 0
0|4

277,200, ' o : 002 : NTNY ANIN
1 1

3:700,{(1,2,1,35),(0,11,-5,-4),(0,0,0,11)} : ©>02: 1w anIn0 (16

1 0 0
2 1 0

BT 30, | 30" 16 : D02 : NTNY NN
-2 7 37
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119 GWL D¥NVPY DN

DANN-NN 2¥ 1Y 012D1 012D, 1NN

MHNY

S NPNININ NPINRDD MXNWN DY MOIYN 3 Yo (1

X+y—z+2w=0 X—y+z+w=0
D<3x—y+7z+4w=0 2)«x+2z—w=0 3){
—-5x +3y-152-6w=0 X+y+3z-3w=0

X—y+z+w=0
2X—-2y+2z+2w=0

JNNNNA 3-) 2,1 MOIYNN PINI Y DIYINN OXIANINN NNV, U, W -2 190)

NV AW LU -5 701m) DY02 INND N
U4V -5 100 002 INSD A
UV -5 10 902 INND )

: R* anmn Yv oanin-nn »w pnd (2
U =sp{(11-12), (3,-17,4), (-5,3,-15,-6)}
V =sp{(1,-111), (1,0,2,-1), (1,1,3,-3), (51,5,8)}
U -9 mNNnwm) 71 ,0°02 INSD N
V=5 MINNYNY THD ,DIDL INNND
.U 4V -5 7001 D701 INND
DMV D77 1WA 1IN U AV -5 TH1n) D701 INSD
'U+V =R* OND .
U ®V =R* OND

J a9 L U

.
—t

: B[R] 2NN Yv Dxann-nn »w ono (3
U =sp{1+x—x*+2x°, 3= x+7x* +4x°, -5+ 3x—15x* —6xX° |
V= sp{l—x+x2 +x3,14+2x% =3, 1+ X+ 3x* =3x%,5+ X +5x2 +8x3}

U +V -5 7001 D02 INSD N
UnNV -5 700 902 1880 .2

: B[R] 2N Yv oxanmn-nn »v ono (4
U= sp{1+ X+ X3, 142X+ X2+ 2x°, -1+ 2x + 3x° +2x3}
\ ={ p(x) e B[R] p(@) = p(-1) = 0}

U4V -5 100y 902 INND N
UV -5 1m o902 88 A
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1pPH9 GWL O>7VPY OXININ

U= sp{1+ X, X+ X2, 1+ x3}

: B[R] anmn b £2ann-nn »nv Pnd (5
V ={p(x) e B[R] p'(0) =0}

UV -5 110 9902 INND
M,[R] 20710 YW D¥aNIn-nn »w 9N (6
_J{ x+3y-5z X—y+3z
v _{(_X+7Y—15Z 2X+4y—6zj X,Y,Z€ R}

w:sp{ﬁ ol Y e éj}

W =51 U -5 100 D02 INSD N
U +W =D 100 D902 INsn .2

2

T

U NnW -9 111 903 INSD
.3 9990 MY THNN LAVYN NN ITYN

:V =M,[R] an7mn Y ©2anIn-nn nv Yond (7
1 1
U={AeV|A=-AT}, W={AEV|A(_1 _J:o}

W -5 U -5 700 D02 INND .
U +W -5 900y 9702 INSn
U W -5 19191 ©Y02 INSND

U +W =V ONN
U BW =V ONN

a0 b 2

=]

:V = M,[R] an7mn S DN IN-nN N Pno (8
U={AeV|A=AT} , W={AecV| Moy muown A}

U =5 1001 D02 INSD .

W -5 1010y D02 INSND

U +W =D 100y D702 NS0
U W -5 900 902 INsn .
UdWw =V .n

a0 U ¥

.R® 9w 2 Tnn 0anm-nn v WA U v (9
.dimU AW) =0 > 30311
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10 NN MVP ANV O (10
91NNV Sv oY 0N - Y W U v
LU +W =V oo N

dim(UnW) yawn 2

10 Tnn o MuPYann Vo o (1l
71010V Sy 00w 0N n-Nnn v WU v
U +W - UnNW S D»IWOND DYT09910 DN INSD

7 TR0 OIMOVPY AN VO (12
(U gW)dimU =4, dimW =5-v 75,V 5w oanmn-nn»v W - U
U +W -1 U W Sy D»IWIRD DYT007 NN INSD

Pp=ABcV FNTYOYn MumanIn VvV s (13

.A+B:{a+b|ae A be B} ST

: 199997 IN NN
sp(A+B)=sp(A)usp(B) .N
sp(AuB)=sp(A)usp(B) .2
sp(AUB) =sp(A)+sp(B) .
sp(A+B)=sp(A)+sp(B) .7
sp(ANB)=sp(A)nsp(B) .N

T 9y 071NN, R® Sw oanm-nn W -y U v (14
.U ={(a,b,c)la=b=c}, W={(0,b,c)}
.U W =R® o

.V =M [R] >1 (15
DPIVHON MXIVNN DD NX DNV Hwann-nn U »md N
NPIVDID-YVIND MXIVNN DD X ONN V DY an-nn W >
U AW =V »Iinomn
NPHYN MYNIWNRN MNIVNN DI X DIMNN V Dy anmm-nn U > .a
INNNNN MYDIVNIN MNIVNN DI IR DONN V DY anIn-nn W
U W 2V o
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Y90 MIIvn
B, ={(-15,25,1,0),(-15,-0.5,01)} , dimW=2 .x (1
B, ={(-2-110),(L2,0)} , dimU=2
B, ={(-10,0,2,(-10,1,0),(110,0)} , dimV =3

B,.v ={(0,0,-1,1),(0,1,1,0),(1,1,0,0)} dimU +V)=3 .2
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Byv ={-1+x*}, dimU nV)=1.2
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;=(101), v5=(110), V,,

:(—1,1,1), s =(121) ,V,, =(-141) ,x=1 x=3, x=-2 (8

1:(—1,0,1), et = (11,1), el = (1 21) x=1 x=4,x=-1 (9
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0 0 0 0
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.rank (A)=rank(B) & ,B-5 17T A DX .N
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rank (A) .x

dimKer(A) .2

tr(A) .

ATAl T

CATA My yry 0

(4R +10A+ 1) Mayyry

dimKer (A) = Nullity (A) — n4yn

291970 DI IMN MINMYIT MNIVNY DIV (8

: DONAN DXOYON DY Y (9
.C NNILVNY NINYTN MNILVN Y B-Y A .N
.B-9 myT Ao Indomn

1 2 11
A= [2 4), B= (4 4) :MDYT NMININ MXIVNNY INDIIN .2

ST NMININ MNIVNN X DY DMWY IR N (10

3 0 -1 1 x O
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NN NONY (18
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T(xy)=(x+y,x-y); T:R®>R* (1
T(XY,2)=(X+yY—22,Xx+2y+2,2x+2y-3z) ; T:R*>R® (2
T(xY,2)=(x+z|y]); T:R*>R* (3
T(x,y)=(x,y,2); T:R*>R* (4

T(x Y, 2)=(x+Lx+Yy,y+2z) ; T:R*>R® (5
(BeM,[R]) T(A)=BA+AB ; T:M,[R]>M,[R] (6
T(A)=A+A" ; T:M,[R]=> M. [R] (7
T(A)=|A|-l ; T:M,[R]>M,[R] (8

T(A)=A-A" ; T:M_[R]>M,[R] (9

T(A)=A" ; T:M,[R]—M,[R] (10

T(a+bx+cox’ +dx*)=a+bx+cx® ; T:P[R]— P[R] (11
T(p(x)=p(x+1) ; T:R[RI—>PRI[R] (12
T(p(x))=p'(X)+p"(x) ; T:RIRI—>PR[R] (13
T(p(X))=p*(x) ; T:R[R]—>P,[R] (14

(F=C,F=R) T(z)=7 ; T:C[F]—>CI[F] (15
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Ty, z,t)=(x+y,y—4z+t,4x+y+4z-t) , T:R* >R® (1

T(XVY,2)=(x-4y—2z,X+Y,y—2,x+4z) , T:R* >R* (2

X
1 2 3 1
T(x,y,z,t)=|1 3 5 -2 Y , T:-R*>R* (3
z
2 6 10 4 )

T(A):A-(; i}—[é 3/_\ , T:M,[R]>M,R] (4
T(p(X)=p(x+)—p(x+4) , T:R[R]I->PR[R] (5

D(p(x))=p'(x) ., D:R[RI>PR[R] (6

, TR 5 R® mryy npnyn nsn (7
4(4,1,4),(-1,4,D} > Yy nwI9) NNNNN IWUN

,T:R* > R® moIN»Y npnyn INsn (8
4{(0,1,1,),(1,2,3,4)} > Dy w19 NOW PY NN IWUN

LTV —=U OIRYD Npnyn NN
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.T#0 N15N2 N
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T(x,y,2)=(x-y+z,y+z,z—-X) , T:R*>R* (1
T(X,y,2)=(X—y+2z,y+2,x+22) , T:R*>R* (2

T(a+bx+cx?)=(a+b+c,a-b,b-2c) , T:R[R]>R® (3
a b ) s
T c d =a-b+(c+d)x+(a-c)x*+dx’ , T:M,[R]—>PR[R] (4

1T :R* > R® Mm99y TN-TN NPNYN 120N ORN - (5

.T:U =V IRy npnyn nnny (6
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OYNO T N, dim(U)<dim(V) DN .N

YA NRD T N, dim(U)>dim(V) ox .2
Oy T <y TN, dim(U)=dim(V) ox .

TV W manedd npnyn mnny (7
1977191 N NN

DY NPN T Npnynn N, dimKer(T)#0 DN .N

2y NN T Npnynn X, dim(V) <dim(W)-) dimKer(T)=0 ox .2

DSy oN T Npnynn X, dim(V)>dim(W)-) dimKer(T)=0 ox .)
(

YN T Npnynn N, dim(V) <dim(W) ox .7

DM5NPO-RY DY IXIPI YNN NPRYD vt
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V5V OO0 (V..V} TV W 5IRDD Npnyn nnm - (8
: 7197 N NOMN
YN T 1Y NIPN 10 R, T(v,) =0 oN)Y dim(V) >dim(W) DX .X
22 {T(v,),... T(v,)} N¥1Ipn,dim(V)>dim(W) ox .2

TV S W mAanyy npnyn mnm - (9
V-a9manap {v,v,..,v,}
:197790 N NN
W29 {T (), TV,),- T(v,)} N¥IpN N YN T DX .N

YN T AN,W-25"102 {T(V,),T(V,),...T(v,)} N¥1IpN DN .2

.T:R™ = R™ mn»5 npnyn Nnm (10
127390 W ININ

.M=nN INDOVONINIOIXR NN T ONX .N
MONT IN,m>n ON .2
NTNY MY MNY N W A DIONY IR,V 90 T(v) = Av DX )

Am(T)=Ker(T) nn»pnn,T:V -V 10RO Npnyn NHm (11
19991 W HINN
.V ={0} P75MA N Oy T ON .N
2V ={0} P7oN23IN,Yy'PN T DN .2

DOVYIMONND T )
DOOND PV NN T .7

JAL L NNM0N NN, T:R" - R™ 1N»Y npnyn nnm (12
.VeR" 935 T(v)=Av-v >
: 12990 N INDIIN
.verowsp(A) I ,veKer(T) DN .N

.veKer(T) "N ,verowsp(A) ON .2
.velm(T) WX ,vecolsp(A) ON .)
.n<m N, Ker(T)={0} ox .7
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YN T N, rank(A)=n DN .N
DY T X, rank(A)=n DX .2
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.rank(A)<— N, T?(v)=0 ON .7
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.T:P[R]— R May onTpn ©Yon Sy Ny .
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T (x,y,z):(g(x+y—22),§(2y—z—x),§(z+x+y))

112290 NPNYN N PRI ODINMMIPN XD 1991 DY RO YNNI NRD (2
: 112297 NPNYN ND WY DVINMIDN DY y'nn (3

T (a,b,c)=0.4a+0.6b+0.2c+(—0.4a+0.4b+0.2c)x +(-0.4c—0.2b +0.2a) x’

: 129N NPNYN N9 VI ODINMDN DY ,ynn (4

T (a+bx+cx? +dx°) :(b;C;d —a+bd+c—dJ
NO (5

NN MONY (6

N0 MONY (7

N0 MONY (8

NN NORY (9

.IN2N NONVY (10

.IN2N NONRVY (11

N2 NONVY (12

N2 NONWY (13
Ker (T) = span{-1+x,—1+x*,—1+x*}, dimKer(T)=3 .x (14
Im(T)=span{1}, dimIm(T)=1
DY L,VPNNRD A
Ker(T) =span{-1+x,—1+x*,..,~1+x"}, dimKer(T)=n
Im(T)=span{1}, dimIm(T)=1

2

DY VNN RO
0 0
Ker(T)= , Im(T)=M,[R] .X (15
0 0
THA)=A" SN y’Nn A
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1
2= (1
5 ¢
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NOYD MmN

10
N = (1
J6

N 1,567 (2
N A2 (3

91 WWW.GOOL..cO.il 95 103291 1T 110702 NN 1NaY
© NMPO N — N9 AN




6 P9 G/WL AN TPIVNING - DTN DINVP)
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.A(11,3),B(1,2,0) ,C(1L11) mmpxm nmm (1

.C DY B NN 120101 WO YW 1PI0NI9 M INYD N
N WD DY NRYNI KO A NTIPIN ¥ NN

.C DY B NN 72011 7N A% A TP Pa phInn NN 1avn .2

Y TINDM A NTIPIN TIT 12N ,NWNRN DRNWD NN INSD )
.C Dy B NN 12nnN

,0Y2NN) DN DX WAP) OINAN DXIYOT NN DY I TTNN DIANND NN INSD (2
D250 N DXTIONND , 02PN
DM NN INNN MTIPI NN D) INSND , 075NN DIV 1A NIPN2
.DMYON P2
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x=(40,1)+t(1,2,0) , x=(1,1,0)+s(2,4,0) .N

x=(-2,2,4)+u(6,6,1) , x=(1,-1,0)+s(12,-31) .2
x=(L12)+t(12,-1) , x=(2,31)+5(2,4,-2) .
x=(1-10)+t(0,2,-4) , x=(2,0,3)+s(-1-31) .7

,NWNN NN TNIN YN OX VAP TN NYNN DY OITTNN ANNDD NN INSD - (3
NI DM IN NWINY DIAPN
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SNYINY WIN P TINTN NN O
SNYINRNN IWOT PNIN NN INSND NI D¥aPN TN 1A NIPNA
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.2x—-14y+10z2=-6, x=(2,1,-2)+t(-2,2,0)

IN DYTIONN ,0°9°2PN DN DN WIAP) DX NWIIN DY YTTNN NN NN INSD (4
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DY TINPNN AW NN D2 MMN NN INYN DYONNI) DN I NIPNA
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LT, DX+2y—2z+6=0 N ABB'A’ RN NN PIYY MDD IRNWYN
APMIWAN 2) CD NIXPNN NN PIYY IWIN JW NPIVNID MINT INSD
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L:x=(155)+t(1,1,0) , 7 : 2x—y+22+1=0 WY NWH DN (7

DY DOPNIN NNNNIN , Z -1 X DY OIPNN IPIN DY NTIPI INND
VNN NYINRNNI

7y 2X—4y+4z2-5=0, 7, : 4x—-2y+4z-1=0 DONYN Y DN (8
6 PNINY 7, NN 2 PNINI NIV T8 HY IPIVNID NN INSD
(DMIVAN 4 TINND TAN IV DY NMINN INSND) 7, NN

i x=(0,-3,0)+t(1L1L,-8) , 7 : 6x+2y—z+5=0 MM W ONM (9
WD NN TN P(L,0,—4) NTIPIA W, 7 NN 22apnn, [, 0N W

NP NAIPN NN P ATIPIN , 7 NWRIY MMPIN Pan .Q NP ¢,

.Q NTIPIZ ANV NAIPN NN Q' NTIPIM ,P NP
PQQ'P' 125111 NLY NN ININ
(£, DY )PIN NOVPI NN t MYNNNI WD : NIVTN)

7 2X4+Y+2-5=0, 7, : 3X+y+2z+11=0 DN MY DN (10
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NOYD Mvn

y-2+2=0.) V2.2 x=(1,2,0)+t(0,-11) .x (1

D>TI9NN ) 4.07 ,0°25080 .2 .1.095 ,05pn N (2
A7.6° : 200 TIMN L (1,-3,4) NP2 OO0 T

2oMm .2 .0.9284 ooapn N (3
.40.78° : DN MM, (3.5,-0.5,—2) NTIPIA TN )

.63.6° : 7PM, x=(0,-2,3)+1t(3,-1,-2.5) : N W .0ONN) N (4
.D>XTI0NN ) .0.324 : pNINN .DIAPN .2

.f:g=(0,2.5,8.5)+t(2,—2.75,—1.75) , €:§=(0,7,7)+t(8,—11,—7) (5

. —3X+y+3z+15=0 (6
4
.(0,0,14gj N (0,0,4) (7
Aix= (o, —14, —15%) +t(-14,14,21) (8

w1 10.467 (9

7Ty i 2X+Yy+2-5=0 W 7, :Xx+2y—-z-58=0 (10
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=(x,y) :N2N 19IN2 NIOND
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PN DN YOP NPITNY YOP YNNIN
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X +X, YitY, 2,+1,
Xy, = Y = Z, =22 . N
M 2 M 2 M 2

ON*1 B(X,,Y,,2,) =Y A(X, ¥;,2,) PIISPY YOP NPONNN P NTIPI NIV e
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g =2 Yy =——=2 7, =——2. 0N kil DV
P K+ " Kkl P kel

NI2IINR NIKNA NVPN HY DTN MDP0 NHaON

NDRN 7Y AVINM U -V : YDION V) g DNVPN MY DY MIVPO NHAON
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DXNVPNN 2D P2 DNOPNN
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Y Y 9901999 NHI8N

LDXNVPN NV HOY MISNY JN 2NN DD I

APRYNN MNOPN XIPI a NVPNN
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INNIDY E SY NN 7Y HAPNNT NOPN NXIN X -1 INWID PWNN 1901 NIN t IUND
1N 9y NI YY 191D) DY PIN YR

1

D>MOPNN NX H2P) C(7,0,10)-) B(5,3,1) , A(0,0,0) : MITIPIN MY : NONT
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1:x=(5,31)+1(2,-3,9) : NN IO DY MIVNI NI 120
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tMAYN*
DPNYNN MNVPN NN 1N N MYTN NPIVNID NN NOPN Y WY e
PO NOPN

I:x=(7,0,10)+1t(-6,9,-27) : NONTIY IWD NDORNN DI NNIN NMININ
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AWNIMN DY NINK TIVNID TSN t, NN
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.2 MOVPNN NNOXNNT NN
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JPNN YIN DY IND) DYPNN NPYNRIL INNINY MOVPN DNONNN 2ININ2
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CTNN Y NUYND DN DY NIV : DTIONN DI

.AN992 DY) DR DYDY N ININ MY DIIWON NV : DIDIAPN DWW

AIWOD NTIPIA DXONNIN DY DINPD DY 2NN DMV NV : DIONN) DI
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: TINAN NPASW-YTN NPYTAN NX YN DY NV PAITTNN 28NN DX NP »TD

(DN IMN DY DIV DNOY NON

N:/ \‘p

TN NTIPY VO DY DXN NOMWN NTIPI DMWY DN
121U p) TN IV NTIPI DNN)
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Y NV XN
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MY HY NPI0199 NIXN

.DNVPN DWW 7Y MINND 1N ANINIINYID NN

7@,/ PHYNN MOPN XIN a NOVPNN

4 y XNYINN DY INWID NTIPILINDI DX PN NPWRID THN INNIN
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SNYINN HY MDD VP ON V) U DINVPIN
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7T X=a+tu+sv >y PN DXNVPNN VDY P2 IWPN

IR DNPNL Y HAPNNT NOPN NN X-) DIYID DOWNHN D900 DN t,5 TUND
.7 NWNRN OY NTIPIINDY DIPIN IMHYNIL INNIN

VN ARNYN

, 0 ax+by+cz+d =0 : N3N J9INI IRNWN MY NWIN NN N
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: 2NN NN Y P OO TTN DXANND 3 DY
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WA 59 WO IN MININD NOPN W INNYNY ON e

98 WWW.GOOL..cO.il 95 103291 1T 110702 891D 1NaY
© PMYD N — N9 NS




6 P9 wal AN TPIVNING - DTN DINVP)

091 22 X790 XN

: D771 D8N 3 DY DINWN MY Pa
APEPNN WS NIPIN GMWYN I DNY ¥ N NIPNRI - DONN) DNINN e
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NYNNHINN NN DN DINYININ NIV DY NIPN - OXTIONND NYONN e

7T, ax+by+c,z+d,=0- 7z ax+by+cz+d, =0:0555 DNV MY NIY

: N3N J9IND 0N XTTNN 2AXNDN INIWYAP)

095N) 0’oraPn 01955
c, d c, d
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a, b, ¢, d, a b, ¢, d,

PIRNDIN HNT MIVIN

u-v
cosa | u_| |:/ DY AVIND U,V DNOPINIY P o TN e
u -u
.COSa = ﬁ 22NN L, =a,+su,-) |, =a, +tu, DIV NV P o DTN TINT e
U |- |U,
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PINADN OXPN VN

JOIND AVINY ANINA B(X,,Y,,2,) ) A(X, Y, Z,) MTMPINW papnIn .1

g :\/(xz—x1)2+(y2 —y1)2+(z2 —21)2 1 N2

AV LI x=a+tu : 1IN0 MDA PN WD A(X,Y,,2) DTPIPAPNINn .2
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DIWUN MYWINNND APNIND DNIXNDIY THN NYIND Syv NTIPIA VIV N
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NMX1Apn 1NN DN 2y Nrn
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;1Y) Y DN IPTI) D901 MININ NIYLN NN VWY (1
vXvy: (x+Yy)* >0 .N
vxay: (x+y)>>0 .2

VXVy3z: xz :% 2

X+y
2

(o»yav n-1 k) vnik,n*—n=6k .M

T

VX>0,Vy>O,\/Ws

: DY DNNIDI NINAN NNYVNN NNN DD NV (2
X<=2IX X>2 NI, X >4 YONVIOIR PIND LN
X 995 0PN, X2 +4>0 )PNVNON .2
.6-2 PONNN n® —n T900N , N OYIL VDN YD )
LX< ON PN ONX [ X|<1,X 990N YD M2y .7

,DOYOP MYSNHND IN DOTN ST YY NINAN MNP NN YNNI MY (3
;NP YN 190N NN

A={xeR|x* <16} .N
B={xeZ|x’ <16} .2
C={xeN|x’ <16} .
D={xeZ|(x+4)(x-1)<0} .7
E:{XEN|X3+X2—2X:0} N
F={xeZ]||xl<4} 0

YWY T HY IN JPIDN DD VIP YT DY MNIN MNP IR IVPTHIN (4
A={x| N0 NNON O»PN x} : NNIN2
LDYMIND DM2APNN OMNDYN DIDNN NP .N
.20-2 10 2 D»VYNKIN DI90NN NXIIP .2
40T TPYNIL NOIMVY 20¥N0 DY MINSNDIN NN MTIPIN NHIAP )
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A={111317,19} x

B ={x|10<x <20, mwN1 19010 x} .2
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